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AITANTHXEIX

OEMA A
A.l. Ogopia Zyolko Birio (ékdoon 2011) cerida 94.

A.2. Ocgopia Zyorud Bifiio (ékdoon 2011) cerida 95 .

A3. o) 20T

B) AdBog
Y) Adaboc
0) AdabBoc
g) AaBocg
A4,
Ap1Opog | Mg popon hoyapiBuov | Me popon dvvaung
8 10g7 78 310g38
4 10g3 (34) 8210g32
2012 log 1022 gln2012
OEMA B

B.1. 'Eyovpe f(x)=0< 2x* —3x*+1=0 (1).
Emeion 0hot o1 cuvteheoTég eivan aképatot, o1 TOavEG aképateg pileg g
egicmong f(x) =0, elvan to -1 1 to 1.

To -1 8ev eivou pila, yori f(=1)=2(=1) =3(=1)> +1=—4.
Eva 1o 1 eivan pilo, yari £(1) =2(1)° =3(1)* +1=0.
Me gpappoyn tov oyfuatoc Horner €yovpe:

2 -3 0 1 p=1 |
! 2 -1 -1
2 -1 -1
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B.2.

B.3.

H e&icmon (1) etvon tdpa 16odvvoun pe v (x —1)(2x* —x—-1)=0.

Etol, x-1=0&x=1

N 2x° —x—1=0 pe pileg x =11 x= -% apov A=9.

On pilec howdv g e€iowong (1) elvan x = —% N x=1 (dutk\n).

Eneidn to a =1 eivou n durn pila toTe:

nule@nuxznu%@szKn+g (xe”Z) "

X =2KT+T —g =2KTn +g (ke Z).Opow, t0 B= —% elvan 1 A pila omtoTe:

1 2 2
GUVXZ—EQGUVXZGUV(’E—g)@X:ZKﬁ-{-?n M XZZKR—?R (xeZ).

Emeion n ypoou mopdotacn g £ dev elvon Tav® awd Tov GEoVaL XX TPETEL:
f(x)£0& (x —1)(2x" =x - 1)< 0 .To npoéonuo g f(x) eaiveron ctov

TOPAKOTE TEVOUKOL:

X -00 -1/2 1 +00
x-1 - - ) +
2x°-x-1 + ) - ) +
f(x) - ) + ) +

‘Etot, ot Tipég Tov x € R yua T1g omoieg 1 ypopikn moapdotact tng f dev

Bpioketon mave and tov dEova XX etvan: x < By nx=1.

B.4. 'Eyovpe f(—x)=2(-x)’ -3(-x)* +1=-2x> -3x* +1.

Extelobpe v evkkeideia draipeon, OTwg QaivVETOL TOPAKATO:

2x7-3x0H0x+1 | x*+1
2x° +2x -2x-3
S35 H2x + 1
+3x° +3
2x+4

To mmAiko eivar: m(x)=-2x—3 Ko TO VLOAOITO: V(X) =2x +4.
Enopévac, f(-x)=(x"+1)(-2x-3)+(2x+4).
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OEMA I

I.1. A@ov Ina,Inf,Iny dradoyucoi dpot aptOunTikig Tpoddov 1oy VEL:
2InB=Ihoa+Iny & Mhp*= ln(ocy) S B =ay (1),
Ia v covdpmon f pe f(x)=ax’+Px+7y, x e R &yovpe:

(1)
A=PB"—4ay=p>-4p> =-3p> <0, agod B >0.
Emeon o >0 xon A <0 givon £(x) >0, yia k4B Tpory patikd aplopo x.
"Eto1 to medio opiopov ¢ cuvdptong heivan 1o R.

2 o) Eivet o,=a=Ie=1 a,=€""=p, a,=10"" =y.
Eneidn o, =o,-A"", 6mov A o Adyog g mpoddov, TOTE Yo v=>5
ggoope o =oa,-A'. ‘Exoopue o, =256 kot o, =1, emopévog
256=1 A oA =4"r=41LA=-4.
Eneidn A = -l :% >0 t0te N TYM) A =—4 QEOPPIRTETOL.
(Xl
Mo A =4 ggovpe B=a;*A=4 xon y=B-L=4-4=16.
‘Etot, homdv o =1, =4 y=16.

B) INa a=1,3=4,7=16 eivoan f(x)=x"+4x +16 ko g(x) = nu°x+21.
H g&iocwon f(ocvvx) =g(x) eivaricodvvaun pe mv
oLV’X +40VVX +16 =NP*x + 21 < cLVx + 4oLV —MU’x —5=0 (2).
Eneidn np’x =1—cuv’x 161e amd T (2) £YOVE:
cuv’x +4cvvx —l+ouv’x-5=0
& 26VV’X +46VVX — 6 = 0 < GLV’X +26VVvx —3 =0 (3).
@&tovpe cuvx =y o6mov —1<y<1 ondten (3) yiveron y> +2y—-3=0
ue piCec y=11M y=-3. H y =-3 amoppinteton.
[a y =1 &ovpe: cuvx =1 cuvx =cvv0 & x =2k, KeZ.
Opog, xe (0,41 0<x <41 0<2kn <41 <0<k <2.
O « elvar axéparog, omote kK =1 k=2 .
[No k=1:x=21 ko yuoo Kk =2:x =4m.

I'3. AoV o >0 tote B, =27 kou B, =4n. H dwoupopd eivar: o =B, -, =27.
O viootog 6pog ™S ap1OunTIKNC Tpodoov (B, ) eivar:
B, =B, +(v-Do=2n+(v-1)2n=2nv.

, , , , , Vv
To &6powopa tov v Tpdtov diveton and tov tHmo S, = E(B1 +B,).
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Enedn S, = 2550 €yovpe:
2550 = %(2% +271v) < 25501 = vii(v +1) &

< v(v+1)=2550 = v: +v—-2550=0.
H dwaxpivovca eivar A =17 —4-(-2550) =10201=101>.

-1+101 -1-101
‘Eto1, v= 5 =500 v= 5 =-51.

Ermeon o v eivon Betikdg axéparog, tote v =150.

OEMA A

A.d. T va opileton n g Tpémet va 1oyvel x > 0.
‘Etol, A, =(0, +) (eivon In2#0 yori 2#1)

"o va cpykpivoope g(3) Kon 2 Ppickovpe To PO IO TG Srapopds g(3)-2.

3
n>

—_— —_— 2 —_—
Eivoag(3)—2=ln3—2=1n3 2In2 In3-In2°| In3-In4 | 4
In2 In2 In2 In2 In2

. 3 . A
Onmg Z<l apo ln%<0 Kot 2>1, ondte In2>0.

Eivar g(3)-2<0< g(3)<2.

EvoAhoxtikg AOvoope v
em In2>0

g(3)<2<:>in—2<2 < In3<2n2< In3<In2’°< In3<In4 nonoia
n

aAnBevet, ywoti 3 <4.

A2. Twvaopiletounf npéner 2° =3 >0 kou In(2* =3) #0.
In2>0

‘Eyovpe 2° -3>02" >3 n2*>n3< xn2>h3 < x>$

Ko
1n(2x—3)¢0@1n(2x—3)¢m1@2>‘—3¢1@2>‘¢4@2X¢22@x¢2.

In3 In3
Amo to Al eivon n—<2, onote A, =(—,2)u(2, +oo).
In2 In2

A3. Eivau f(lOgZK) = ln(ZIO:zK _3) = 111(1(1—3) , (l(POﬁ 21°gzlc =K.
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1
In(x-3) 2
Emedn «—3>1 wybet In(k—3)>0.

‘Exovpe f(log,x) < % 2=

Ondte In(xk-3)>2 < In(k-3)>e’ ©xk-3>e’ o rx>3+¢€”.

Tehkd k € (3+¢e°,+w).

A.4. To vrdrowo TG Sraipeong (—x3 —-7x* + 6) (x+1)

givar v(x) =—(~1) =7(=1)"+6=1-7+6=0 .

‘Exovpe v(x) = (f(B)—1)-x+g(oc)+g(oc2)+g(oc3)+....+g(oc2°)—%.
Amd ™V 166TNTA TOV SV0 TOAVOVOU®Y EYOVLE :

210

F(B)=1=0Ka1 o) +2(07) +8(0")+. 4 g(0™) =)=

A10d0x1KA £YOVIE:
f(B)-1=0<= 1 =l ————=1&
(2" -3)=hec2’ ~3=e 2" =e+3 (1) Ko
2102
In2
Inoe Ino® Ina’ Ina® 210
+ + +.....+ =
In2 In2 In2 In2 In2

g(o)+gla®)+g(e®)+.. . +g(a®) - 0

2

210

<:>L(lnoc+21noc+3lnoc+....+201noc) =
In2 In2

@E(1+2+3+....+2o)=% 2).

In2

To S=14+243+....+20 eivar aBpotoua tov 20 TpdOTOV OpOV TNG APOUNTIKNG
20
npoddov pe o, =1, o=1Etot, S, = 7(% +0l,,) =10(1+20) =210.

210-Ino 210
In2

A76 ) (2) mTpokvmTEL Sha=l<a=e (3)

o @
‘Etot, épovpe e”? = (") =2 =e +3 =0 +3.
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